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Figure 24. Quiver of the Poisson bracket and cluster structure for A6
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Figure 25. A6-quiver upon mutation at c1.

a1, a2, a3, a4, a5, a6, b1, b2, b3, b4, b5, b6, c1, c2, c3 were introduced in [4]. Each ai, bi, or ci is either
one of the parameters Zijk or the product Zℓ,0,6−ℓZ6−ℓ,ℓ,0 such that all entries of A ∈ A6 are

Laurent polynomial expressions in a
1
2
i , b

1
2
j , c

1
2
k . The Poisson bracket for ai, bj , ck is described by

the quiver in Fig. 24 (isomorphic to the quiver in Fig. 5).

The elementary geodesic functions Gi,i+1, i = 1, . . . , 5 and G6,1, are

⟨a6b5c3b1a1⟩, ⟨a1b6c1b2a2⟩, ⟨a2b1c2b3a3⟩
⟨a3b2c3b4a4⟩, ⟨a4b3c1b5a5⟩, ⟨a5b4c2b6a6⟩

The reduction conditions are

c1c2c3 = 1 and 1 +
1

c2
+

1

c2c3
= 0.

Mutating at c1, we obtain the transformed n = 6 quiver depicted in Fig. 25.

In the quiver in Fig. 25, the corresponding elementary geodesic functions are

⟨a′6b′5c′1c′3b′1a′1⟩, ⟨a′1b′6b′2a′2⟩, ⟨a′2b′1c′2c′1b′3a′3⟩,


