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Figure 23. Left: A5-quiver with powers of Casimirs C1 and C2 indicated; Right: the same quiver after

mutations at b4, b2, and b3.

The only difference between powers of C1 and C1C2 in the initial quiver (on the left in Fig. 23)
and in the transformed quiver (on the right) appears at vertices b1 and b5. If we now perform
mutations at these two vertices and permute variables b1 and b5, we obtain the quiver
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which has exactly the same form, except that b1 switches positions with b5 and all powers of
variables in C1 and C1C2 are interchanged. Performing mutations at b3, b2, and b4 then returns
us to the original A5-quiver with values of C1 and C1C2 interchanged. We can then perform
reduction as described in Case (1).

Remark 18. Despite the fact that for the coisotropic reduction in this section we used the rank
condition on the matrix A whose elements Gij are Z2 invariant, the cluster algebra obtained as
the result of the reduction contains, in particular, all exponential shear coordinates as cluster
variables and, hence, all geodesic functions (symmetric or not) are universal Laurent polynomials
of the square roots of these cluster variables.

8.4 n = 6


